Introduction
Being important tools in the study of differential equations, integral equations and integrodifferential equations, various generalizations of Gronwall inequality and their applications have attracted great interests of many mathematicians. Some recent works can be found, for example, in 1-7 and some references therein. Agarwal 
1.4
Pachpatte 8 obtained an upper bound in the following inequality: then, the estimation was used to study the boundedness, asymptotic behavior, slowly growth of the solutions of the integral equation
1.7 was studied by Gripenberg in 10 . However, the bound given on such inequality in 8 is not directly applicable in the study of certain retarded differential and integral equations. It is desirable to establish new inequalities of the above type, which can be used more effectively in the study of certain classes of retarded differential and integral equations. 
1.8
We will prove importance of 1.8 in achieving a desired goal.
Main Result
Throughout this paper, x 0 , x 1 , y 0 , y 1 ∈ R are given numbers, and x 0 < x 1 , y 0 < y 1 . I :
, h x denotes the derivative of h x , and g x x, y denotes the partial derivative g x, y on x. Consider 1.8 , and suppose that 
We define functions Φ, Ψ, and ϕ by 
2.4
Proof. From the inequality 1.8 , for all x, y ∈ x 0 , X × J, we have 
2.10
where 
2.12
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Using the fact u x, y ≤ ψ −1 θ x, y and θ x, y ≤ Φ −1 ω x, y , from 2.12 we obtain 
2.13
Let x X, from 2.13 we observe that 
2.14
Since X ∈ x 0 , X 1 is arbitrary, from 2.14 , we get the required estimation 2.2 .
Applications
In this section, we present an application of our result to obtain bound of the solution of a integral equation:
ψ z x, y k a 1 x, y − where ψ : R → R is a strictly increasing function with ψ 0 0, |ψ r | ψ |r| > 0, and ψ t → ∞ as t → ∞, k is a given positive constant, |a 1 |, |a 2 | : Δ → R are bounded functions and nondecreasing in each variable, functions α i and β i satisfy hypothesis H 4 , i 1,2, g i , z ∈ C 0 Δ, R and ϕ i ∈ C 0 R, R is nondecreasing on R such that |ϕ i u | ϕ i |u| , ϕ i u > 0 for u > 0, i 1, 2.
